H = PSL(2, R) = SL{2, R)/ ± /;
then Hc = PSL(2, C) = SL(2, C)/ ± /. The complex conjugation induced by t in PSL{2, C) fixes the image M in FSL(2, C) of the matrix (° ¿,) in SL(2, C). Therefore M is in the real algebraic hull of H = PSL(2, R). Conjugation by M on PSL(2, R) acts on ttx{PSL{2, R)) aZby multiplication by -1. Now let H be the universal cover of PSLÍ2, R) and D its center. Let K = H X H/{(d, d)\d ED}. Then the inner automorphism group of K is H X H and its algebraic hull contains elements whose conjugation action on the fundamental group of H X H is multiplication by -1 on the fundamental group of the first factor and the identity on the fundamental group of the second factor. Such elements do not come from automorphisms of K. Therefore the automorphism group of K has no open algebraic subgroup.
The inner automorphisms of a connected real semisimple Lie group have finite index in the group of all automorphisms. As a result the following reformulation (suggested by Professor Hochschild) of the real case of Theorem 1 is valid.
